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improved clarity. 
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Key idea: “tip-to-tip gluing”
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{ϕ(132) = ϕ(212)
ϕ(232) = ϕ(312)

⟹ {c2 = 1/2
c3 = 1/4c1

TA(z) = T{c1(z), c2(z), c3(z)} = T{z,1/2,1/4z}

c1(z) := z, c2(z) := 1/2, c3(z) := 1/4z
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QA(i6/5/2) = {132 ∼ 212, 312 ∼ 232}

Topological set

ϕ(132) = ϕ(212)

ϕ(312) = ϕ(232)

F1 ∩ F2 = {D}

F3 ∩ F2 = {E}
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QA(i6/5/2 + ϵ) = {132 ∼ 212, 312 ∼ 232}

Topological set

TA(i6/5/2 + ϵ) = T{i6/5/2 + ϵ,
1
2

, c3(i6/5/2 + ϵ)}

Structurally stable tree



A family of tipset connected trees TA(z) := T{z,
1
2

,
1
4z

}

f1(x) := 1 + z ⋅ x , f2(x) := 1 +
x
2

, f3(x) := 1 +
x
4z

f1(x) := 1 + z1(z) ⋅ x , f2(x) := 1 + z2(z) ⋅ x , f3(x) := 1 + z3(z) ⋅ x

ℛ := {z ∈ ℂ : 1/4 < |z | < 1}

QA(−1/4 + i 3/4) = {132 ∼ 212, 312 ∼ 232, 112 ∼ 332}



A family of tipset connected trees TA(z) := T{z,
1
2

,
1
4z

}

ℛ := {z ∈ ℂ : 1/4 < |z | < 1}

QA(z) ⊃ {132 ∼ 212, 312 ∼ 232}



All the branches of a tree at every stage of its height when put together are equal in 
thickness to the trunk.

All the branches of a water [course] at every stage of its course, if they are of equal 
rapidity, are equal to the body of the main stream. 

 ⎯ Leonardo da Vinci 1452-1519 




